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Abstract

In this paper, we study the theoretical relationship between dividend policy and risk, in an intertemporal context.
We use the fundamental framework of the consumption capital asset pricing model (CCAPM) to demonstrate
that the dividend payout ratio of a stock (dividends divided by earnings) is negatively related to its covariance
between dividends and consumption, cumulated over many periods. This result is consistent with the long-run
definition of consumption risk, recently proposed in the literature. This result also suggests that long-run
consumption risk influences dividend policy. In short, our model indicates that the target payout ratio of a firm
can be estimated with a simple and easy-to-apply formula.
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1. Introduction

It is often asserted that dividends are negatively related with risk. For example, Beaver et al. (1970), Rozeff
(1982), and Lapointe (1996) conclude that the dividend payout ratio (dividends divided by earnings) is lower for
high-risk stocks, while Pettit (1977), Eades (1982), and Baskin (1989) report a similar relationship with the
dividend yield (dividends divided by price). In addition, Bajaj and Vijh (1990) and Michaely et al. (1995) show
that the beta level changes after unexpected variations of a regular dividend. Similarly, Jagannathan et al. (2000)
find that firms that only pay dividends show lower earnings volatility than firms that only repurchase.
Furthermore, Grullon and Michaely (2002) and PAstor and Pietro (2003) stress that firms that pay dividends
have a lower variability of return on assets than firms that do not pay dividends. Evidence also confirms the
notion that firms that increase dividends do so when they become more mature and less risky (Grullon et al.
2002; Julio and Ikenberry 2004). Moreover, using survey and field interviews, Brav et al. (2005) find that nearly
40% of managers believe that dividends make stocks less risky. Finally, Carter (2008) provides a mathematical
model that illustrates the relationship between dividends and systematic risk.

As noted by Hoberg and Prabhala (2009) and Hussainey et al. (2011), the two following arguments lead us to
expect a negative relationship between dividends and risk (Note 1). First, if firms are risk averse and prudent,
then those operating in a high level of uncertainty will pay lower dividends to have enough retained earnings for
bad earnings years. Second, managers know that stock markets exhibit a negative reaction to dividend cuts (Note
2). As a result, high-risk firms will avoid raising or initiating dividends, since risky firms are more likely to face
a scenario in which decisions must be reversed and penalized by the market.

The purpose of this paper is to examine the theoretical relationship between risk and dividend policy, in an
intertemporal context. We use the fundamental framework of the consumption capital asset pricing model
(CCAPM) of Rubinstein (1976), Lucas (1978), and Breeden (1979) to explore the effect of consumption risk on
dividend payout ratio (Note 3).

The development of our model can be summarized as follows. We assume a representative investor maximizes
his time-separable utility function and establish that stock price is equivalent to the present value of all future
dividends. Then, we isolate the contribution of each dividend payment in the price of the share and divide this
value by the corresponding expected earnings. Afterward, using the basic properties of covariance, we aggregate
to the entire market and sum over several periods.

In this manner, we show that the dividend payout ratio of a stock is negatively related to its long-run risk,
defined as the covariance between dividends and consumption, cumulated over many periods. This relation
implies that the dividend payout ratio approaches 100% when risk approaches zero, equals the market payout
ratio when risk equals one, and tends to zero when risk tends to infinity (the relation can be illustrated by a curve
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that approaches an axis asymptotically). This relation also indicates that long-run consumption risk influences
dividend policy.

The previous definition of risk is of particular interest. Indeed, for many authors, the relevant measure of
consumption risk in stocks is not necessarily the risk of current-period changes in consumption only, but the risk
of changes in consumption over many periods. For instance, Bansal and Yaron (2004) argue that consumption
and dividend growth rates include a small long-run component that can resolve the equity premium puzzle.
Likewise, Bansal et al. (2005) show that long-run covariance between dividends and consumption (cash flow
beta) accounts for more than 60% of the cross-sectional variation in risk premia. In addition, when investor
horizon tends to infinity, Bansal et al. (2009) demonstrate that the risk of an asset is determined almost
exclusively by the long-run cointegration between its dividends and consumption. Furthermore, Bergeron (2011)
suggests that risk, estimated by the long-run covariance between dividends and consumption, influences the
intrinsic value of a stock (Note 4).

However, none of the above mentioned studies investigated the effect of long-run consumption risk on dividend
payout ratio.

For managers, the principal applications of our work naturally concern the choice of a firm’s dividends. This
payment will depend on the firm’s earnings, the dividend payout ratio in the economy, and the firm’s level of
long-run risk. If this level is superior (inferior) to one, then the corresponding payout ratio will be inferior
(superior) to the average for other firms.

Starting from the representative investor’s choice problem, section 2 describes the economy. Section 3 derives
the relationship between the dividend payout ratio and the consumption long-run risk, in an intertemporal
context. Section 4 concludes the paper.

2. The Economy

In the hypothetical economy, the representative investor maximizes the time-separable utility function:

E, Y 8°U(Cpy). (1)
s=0
where & is the time discount factor (0<d<1), GHS is the aggregate consumption at time ¢+s
(s=0,1,2,...,), and U(e) is an increasing concave and derivable function (Note 5). The result of this
problem leads us to the following equation (see Rubinstein 1976):

U Ch)5
EZ(S e Dires: @)

where P, represents the price of stock i (i =1,2,..., N) at time ¢, and Dl s represents the dividends of stock i
at time t+s (s=1,2,..,00) (Note 6). Eq. (2) reveals that the price of a stock equals the present value of all
future dividends. Here, the stochastic discount factor corresponds to the intertemporal marginal rate of
substitution between tand 7+s (M,,,). Giventhat M,,, = 8°U’(C,,,)/U’(C,), Eq. (2) becomes:

= Etth+sDi,t+s . 3)

s=1

If we isolate the element & in the summation, the relation now becomes:

P, =Et[Mt+kDi,t+k]+EtzMH-sDi,H-s . 4)
ot
This permits us to write that:
ZMHsDi,Hs =F, [Mz+kDi,z+k] . %)
s=1
sk
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Eq. (4) and Eq. (5) simply suggest that the contribution of any future dividend payment to stock price can be
represented by the actual value of this particular payment. This also suggests that the actual value of each

dividend payment can be expressed by the difference between stock price and the present value of the other
dividends.

3. Dividends, Earnings, and Long-run Risk

In this section, we show that a firm’s dividend policy choice depends on its long-run risk level. First, we divide
each expected dividend payment by its corresponding expected earnings. Second, we link the dividend
distribution with the covariance between dividends and consumption, for one period. Third, we aggregate over
many periods to obtain a negative relationship between dividends and risk, on the long-run.

3.1 Dividends and Earnings

To connect the expected dividends with the expected earnings, we first divide Eq. (5) by X, ., = E/[X; ],
where X i1+ Tepresents the earnings of stock 7 at time ¢+ 4 . It then follows that:

(Pit _EtthJrsDi,Hs)/Xi,tJrk = Et[Mt+kDi,t+k]/Xi,t+k' (6)
s=1
s#k

Adding E, []l} ] to both sides of Eq. (6) yields:

Et[Mt+k] _Et[Mt+kDi,t+k /Xi,t+k] = Et[Mt+k] +(Et th+SDi, t+s _Pi[)/Xi,t+k (7)
=1
sk
or:
Et[Mt+k (1 _Di,t+k /Xi,t+k )] = Et[Mt+k] + (EtZMt+sDi,t+s - Pit)/Xi,t+k . (8)
s=1
szk

Thus, Eq. (8) gives, after simple manipulations, a particular form of the Euler equation in which the central
random variables are driven by the aggregate consumption and dividends. That is:

Et[ﬂnk?i,nk]:l’ )

1_Di,t+k /)_(i,z+k
Et[Mt+k] - Et[Mt+kDi,t+k /Xi,t+k]

3.2 Aggregate Level for One Period

At the aggregate level, for one period, we can also write that:
Et[Mt+kYm,t+k]=l7 (10)
where the index m represents the market portfolio. Therefore, Eq. (9) minus Eq. (10) gives:
Et[Mt+k(Yi,t+k_Ym,t+k)]=09 1)
and the definition of covariance permits us to write that:
COVt[MHk > Yi,t+k - Ym,t+k] = _Et[Mt+k ]Et [Yi,t+k - Ym,t+k] . (12)
Rearranging Eq. (12) indicates that stock i can be related to the entire market in the following manner:

E [)7 ]_ E [? ]+ COVt[Mt+/c’Ym,t+/c] _ COVt[MHk’Yi,Hk]
Wtk 1= =l om, vk ~ 7 :
Et[Mt+k] Et[Mt+k]

(13)
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In accordance with the previous form of the Euler equation, we can rewrite Eq. (13) in this way:

EN=D; o/ X i 1= (E[Y,, 1 1+ COVIIM 1 Y, 1V E M, 1)
X (E, [Mnk] - E, [Mt+k5i,t+k /)?i,nk D

+C0Vt[A7[t+k’5 k/)?i,Hk]/Et[MHk]'

i,t+
Integrating the definition of covariance into the second line of Eq. (14) shows that:

EN1=D; 14/ X, 115 1= (E [V, 10 1+ COVIM 1, Y,y g 1 E, M 1)
X (Et [erk 1= Et M7[t+k ]Et[ﬁi,Hk /)?i,tJrk 1= COI/I[MI+1{ > 5i,t+k /)?i,Hk ])

+ COVt[ﬂwk» 5i,t+k /)?i,Hk]/Et[MHk] .
Hence, after algebraic manipulations, we have:
Et[l - 5i,t+k /yi,[+k] = (Et[?m,ﬂrk ]Et [Asz] + COVI[MIJrk > ?m,Hk ])Et[l - 5i,t+k /)?i,wk]

+(E; ' [M, 0= COV,[M, 1., Y, i D= E/[Y, i ])

X COVt[A}Hk’Bi,Hk /)?i,Hk]
or:

Et[l_ﬁi,wk /yi,nk]:

Ez_l[Mz+k](1 - COVt[MHk’ fm,t+k])_Et[7m,t+k] COVI[MH-/(’ 5i,t+k]
1_Et[Ym,t+k]Et[Mt+k]_COVZ[MtHc? Ym,t+k] X[,t+k

By multiplying each side by )?[j ik = E,[)?LH,(] , we get:
ELX, a1~ ED, 1o =

Ez_l[MHk](l_COVt[MHks ?;n,Hk ]) _Et[Ym,t+k]
1_Et[Ym,z+k]Ez[Mz+k]_COVz[MHks Ym,t+k]

COVt[MtJrk’ 5i,t+k]

Also, by dividing each side by 13,»,, w=E [13,»,, + ], we obtain:

E[X ] _
Ez [D[,H—k]
E7' M, 00=COVIM 1, Y, i D= EilY,, 0]

1+ — = = =
1=E[Y, 4 E M 1-COV,[M, .Y, 4]

- D
COV{MH,{,_”—”"}

i, t+k

or, after manipulations:

(14)

(15)

(16)

(17)

(18)

(19)
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E, [Xi, t+k] _
E\[D; 114]

E/ M 1-COVY, M , E, Y, ~ =~
1+ [ t+k]( [ t+k m t+k ]) N[ t+k] COV;[MHk»Gi,Hk]
1-E [ t+k] [ t+k] COV[ t+k > Ym,t+k]

with, Gl wk =+ )/ E[l+g; ] and g oy _D +k /Dy =1, where variable
dividend growth rate between ¢ and ¢+k for stock i.

By multiplying each side of Eq. (20) by COV,[[\} ks ém k] We can write:

E,[X ] _
E,[D; 114]
E [Mt+k](1 COV[MHk’ mt+k]) E[ mt+k]

1+ cory, [Mt+k > ém, k]
1- E[ m, i JE M t+k] COV[MHk’ mt+k]

X COV,[M, 1, G, 1 )/ COV,[M 1, Gy k]

(20)

represents the

e2y)

with, émﬁk =(1+g, )/ E+g, i1 and g, 14 Eﬁm,t+k/Dmt -1, where variable g, ,,, represents

the dividend growth rate between ¢ and ¢+k for the market portfolio.

To simplify Eq. (21), we suppose that the dividends and the aggregate consumption are bivariate normally
distributed. This assumption permits us to use Stein’s lemma (Rubinstein 1976, p. 421) and rewrite Eq. (21) as

follows (Note 7):

E,[X ] _
E,[D; 114]
E [Mt+k](1 COV[MHk’ mt+k]) E[ mt+k]

1+ coy, [Mt+k > ém, k]
1- E[ m, AN t+k] COV[MHk’ mt+k]

X COV,[G,t, G, 11/ COV,[Gt, G ]

(22)

with, G, =(1+8,,,)/E[1+g,,] and §,,, =C,,,/C,—1, where variable g,,, represents the growth rate

between ¢ and 7+ for aggregate consumption.

For the market portfolio, we have:

Et[)?m,t+k] _
Et[Dm,t+k]

E_I[Mt+k](1 COV[M,+k, Y, i) - E[ k]

1+ COV[[ML‘H{’Gm,H—k] 5

1- E[ m, t+k]E[ t+k] COV[Mt+k’ m, t+k]

since COVt[éﬁ-ka 5m,t+k]/COVt[5t+k’ am,Hk] =1.

The equation (23) can thus be arranged and presented as a simple linear relationship. That is:

(23)
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E[ ll+k]
L Y , 24
Et [D ij] t+k i, t+k ( )

where:
A E(Et[)?m,t+k]/Et[5m,t+k])_1 5
Blik  =COV[Gi 1, G, 1) COV[G i, G ri].

Parameter A, is determined by the expected market earnings on dividends. It is assumed to be positive, if we
accept that aggregate earnings are superior to aggregate dividends (Note 8).

Given the available information at time ¢, the parameter ,Bi‘f, ++ represents the covariance, at time #+k, between
the dividend growth rate of asset i and the consumption growth rate, divided by the corresponding covariance for
the market. As the consumption beta in Mankiw and Shapiro (1986) our parameter ﬂft +& Dpresents an average
of one (it equals one for the market). In addition, our parameter is remindful of Abel (1999), who argues that
assets with large covariance between dividend and consumption growth rates have larger risk premia. Lastly, as
the dividend beta in Bansal et al. (2002, p. 5) it measures how sensitive an asset’s dividend is to aggregate

consumption.
3.3 Many Periods

For many periods, summing from & =1 to k = K yields:

X E [X t k
LIt A+ A B - (25)
kz:ll E [D, Hk] kZ]: t+k t+k

Now, if we accept the usual assumption that firms, given the available information at time ¢, expect to maintain a
stable dividend policy, then we can suppose that the dividend payout ratio (or its inverse) is stationary (Note 9).
More precisely, if we suppose that: X, /D; = E,[)?i,Hk]/Et[ﬁi,Hk] and that X, /D,, = E,[)?mﬁk]/
E,[D, 141, fork=1,2,3, ..., K, then:

it

X, S
K=K + 4 ) Bl - (26)
k=1

or:

X L =1+4,

it

. 27)

where X, and D, represent respectively the earnings and the dividends of stock i at time ¢, while X,, and
D,,, represent the corresponding values for the entire market, and where:

K
4 =(X,,/D,,)—1, and ﬂ;ti Ezlggmk /K.
k=1

We term the parameter ,6’1? the long-run dividend beta of asset i, given the available information at time z. It

represents the arithmetic average (over many periods) of ﬁ e (K=1,2,3, ..., K). Rearranging Eq. (27), we
get:

X,
_ i (28)
1+4,8¢

it =

Eq. (28) shows that the normal dividend of a stock is determined by its earnings, adjusted for the level of the
payout ratio in the economy and the long-run dividend beta of the stock. Since the last parameter has a negative
effect on the dividend, and since dividends are supposed to be lower for stocks with higher risk (Note 10), we
can argue that the long-run dividend beta represents a potential measure of risk. Moreover, this parameter
supports the long-run definition of consumption risk recently proposed in the literature (see Bergeron (2011),

6
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Bansal et al. (2009), Bansal et al. (2005), Bansal and Yaron (2004), and others). More particularly, it supports the
work of Bansal et al. (2005), for whom risk is measured by the covariance between dividend and consumption
growth rates over serial periods (this risk measure is called the cash flow beta).

Dividing each side of Eq. (28) by X, finally relates the dividend policy of the firm (expressed by the dividend
payout ratio) to its long-run consumption risk (expressed by the long-run dividend beta), that is to say:

1

- 29
Y @)

it

where d;, is the dividend payout ratio of stock 7 at time #: d,, =D,/ X,,.

In short, Eq. (29) shows that the dividend payout ratio of a stock is negatively related to its long-run dividend
beta (or its long-run risk), defined as the covariance between dividends and consumption, cumulated over many
periods (Note 11).

In this manner, a firm with a long-run dividend beta of one should opt for a target dividend payout ratio identical
to the market, while a firm considered more (less) risky should opt for a payout ratio less (more) important than
the average. In the extreme case of a firm with a long-run dividend beta approaching zero, the payout ratio
should approach 100%, and total earnings should be distributed as dividends. On the contrary, if the firm’s risk
level or long-run dividend beta tends to infinity, the payout ratio should tend to zero. In brief, according to Eq.
(29), if the horizontal axis represents risk, and the vertical axis represents the payout ratio, then the inverse
dividend-risk relationship should be illustrated by a curve that approaches an axis asymptotically.

Furthermore, since the dividend payout ratio depends on the available information on a particular date, it will be
revised at each period.

4. Conclusion

We have examined the relationship between dividend policy and risk in an intertemporal economy. Using the
CCAPM framework, we have shown that the dividend payout ratio of a stock is negatively related to its long-run
dividend beta. Thus, we have concluded that riskier firms are more likely to reinvest their earnings or pay fewer
dividends.

We believe that our theoretical model provides an additional element to support the inverse relationship observed
between dividends and risk. Also, it clarifies the relationship in a simple equation. Moreover, it shows the
importance of a long-run definition of consumption risk for interpreting the difference in dividend distribution
across firms. Finally, it leads to practical applications that may be useful for managers and investors, if we accept
that the target dividend payout ratio chosen by the firm should correspond to our model.
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Notes

Note 1. Hussainey et al. (2011) find, in the United Kingdom, a negative relationship between dividend payout
ratio and payout volatility.

Note 2. See, for example, Charest (1978).

Note 3. Campbell and Cochrane (2000) consider that the CCAPM represents one the major advances in financial
economics. This point of view is also asserted by Cochrane (2005) and Li (2010).

Note 4. See also Parker and Julliard (2005), Hansen et al. (2008), Malloy et al. (2009), Bansal and Kiku (2011),
and Beeler and Campbell (2012).

Note 5. In this paper, the operators £, VAR,, and COV, refer respectively to mathematical expectations, variance,
and covariance, where index ¢ implies that we consider the available information at time z. Furthermore, the tilde
(~) indicates a random variable.

Note 6. The premium (U ") is a derivative of a function.

Note 7. See proof in appendix A.

Note 8. See, table 1 in Foerster and Sapp (2011).

Note 9. In appendix B we relax the assumption of a stable dividend policy.

Note 10. Recall that, for many authors, dividends are lower for stocks with higher risk. See, again, Hussainey et
al. (2011), Hoberg and Pradhala (2009), Carter (2008), etc.

Note 11. See appendix C for a numerical example.

Appendix A

In Appendix A, we demonstrate how Eq. (21) can be simplified and reduced to Eq. (22). We suppose that
dividends and aggregate consumption are bivariate normally distributed. This assumption permits us to use
Stein’s lemma (Rubinstein 1976, p. 421), which establishes that: for random variables x and y, and for
differentiable function f(x); COV[y, f(x)] = E[f'(X)]COV]y, x], if x and y are bivariate normally distributed.

Indeed, from Eq. (2) and Eq. (21), we have:

Et[)?i,l+k] _
Et[Di,t+k]

E;I[Mmk ](1 - COV;[MH-k ’ Zn,l+k]) - Et[Ym,H—k]

1+ — = = =
1_El[Ym,t+k ]Ez[Mt+k]_ COV;[MHks Ym,t+k]

COV,[M .G,y i ]
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. o, [U(Cpi) Gy ot 16 1U(C,)
COV,[U'(C,41) Gy i 16 1U(C,)

From Stein’s lemma, we get:

X ] _
E[D; 4]
E‘I[MMJ(I COV,IM 1. Yy 1k D= BT, 1]

1+ COV[[MHkaém,Hk]
1- Et[ m, t+k ]Et [Mt+k ] - COVt[Mt+k > m,t+k]

COV,[C,11- Gy i JELU(Cpip)]
COVt [Ct+k > Gm, t+k ]Et [U”(Cﬁrk )]

Multiplying each side of Eq. (A2) by E,[é, ] ylelds:

Ez[)?i,mk] _
Et[Di,t+k]

E]'IM ”Hk](l—COV[ MV ik D= E Y, ]

1+ =
1- E[ mt+k]E[ t+k]_C0Vt[ t+kst,z+k]

COV,[M .G, i ]

X COV[ t+k /E [(Cl+k )] i, t+k]
COV[ t+k IE [(Cz+k )] Gm t+k]

which is equivalent to Eq. (22), since (N?l + equals 5; ! El[(é w1
Appendix B

In Appendix B, we relax the assumption of a stable dividend policy. In fact, from Eq. (25), we have:

© ~
Et [Xz t+k d
———= =K+ ﬂt+kﬂz t+k -
=1 Et [Di,t+k] z
K
Multiplying by Zﬂt + on each side, yields:
k=1
K
Et[ i, t+k
=K+ /1t+k WH—kﬁz t+k
; Et [Dz t+k] ; Z

K K
where w,,; = /1,+k2/1,+k , with zwt+k =1
k=1 k=1

Dividing by K on each side of Eq. (B2) shows that:
by =1+ 45}

where:
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(A3)

(B1)

(B2)

(B3)
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K
l k
Z K ﬁ Z;tt*k /K, ﬂ,t = ZWHkﬂl t+k
k=1 t+k] k=1
Thus:
- 1
di = (B4)
"o+ ﬂ’tﬂi;i

with d,, =1/¢,, where d, can be viewed as the inverse of the arithmetic average (over many periods) of the
earnings/dividends ratio of stock i, given the available information in time ¢, or, to put it differently, the long-run
target payout ratio of stock i. In the same manner, ﬂ_», can be viewed as the corresponding average ratio for the

market, while Ef can be viewed as the weighted average of the coefficients ,Bft w (k=1,2,3,..,K).

In brief, as Eq. (29), Eq. (B4) shows that the target dividend payout ratio of a stock is negatively related to its
long-run dividend beta (or its long-run risk), defined as the covariance between dividends and consumption,
cumulated over many periods. However, in appendix B, the assumption of a stable dividend policy is not
required.

Appendix C

In Appendix C, we present a numerical example in which we assume we need to estimate the target dividend
payout ratio for a risky firm that has a long-run dividend beta of 1.25. From Table 1 in Foerster and Sapp (2011),
we know that the average payout ratio in the United States was 54% between 1982 and 2010. Thus, we can
assert that A4, = 0.54" -1, and conclude that the target payout ratio for this firm should be approximately

48.43%, since Eq. (29) shows that:
1

0.4843 = 1 .
1+(0.547 —1)1.25
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